Of course, this extends to f in L p eRn) by density, we will usually ignore such matters in the xequel.
Recently, E. Stein [S] discovered that the best constants .C P ,C' P can be bounded above independently of the dimension n . Actually, this phenomenon can be viewed also as an immediate consequence of an earlier probabilistic proof of (1.3) due to R. Gundy an N. Varopoulos [GV ] .
Alternate proofs of ( 1 . 3 ) have been given in [DR] ] and [Ba] ] (with constants independent of the dimension).
Although this is not the object of the present note we will give below a proof of (1.3), to be compared with that of § 2. We use a simple 
hus we obtain the right side of (1 . In the Gaussian case, we will replace formula (1.5) by the following formula which is the crucial point for the proof of (2.1 ) . For any f in L2 (Yn) with mean zero we have : For instance, we refer the reader to [N] Then we can rewrite (2.13) as (2.14)
We claim that if f is mean zero and if We have clearly by (2.12) 
